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Introduction to Partial Correlation Analysis

In the realm of statistics, the standard correlation coefficient is a powerful measure used to quantify
the strength and direction of the linear relationship between two variables. When analyzing a

dataset, researchers often begin by calculating this simple correlation to understand initial bivariate
associations. However, relying solely on simple correlation can be misleading, particularly when
the relationship between the two primary variables is influenced or confounded by external factors.

Consider a common statistical challenge: identifying the genuine link between two factors, X and Y,
when a third variable, Z, is known to affect both. If we fail to account for Z, the observed simple
correlation (rXY) may be artificially inflated or even spurious, leading to incorrect conclusions about
causality or association. For example, a high correlation between shoe size and reading ability
among children is spurious because both are heavily influenced by the child's age.

To overcome this issue, we employ partial correlation. Partial correlation measures the degree of

association between two variables after statistically removing or accounting for the linear effects of
one or more control variables. This technique provides a much cleaner and more isolated estimate
of the true relationship of interest. This tutorial explains the precise methodology required to
calculate and interpret the partial correlation coefficient efficiently using Microsoft Excel.

Why Use a Control Variable?

The core motivation for employing partial correlation is to rigorously test hypotheses in the
presence of known confounding variables. A simple correlation, rA,B, assumes that no third
variable is systematically affecting both A and B. When this assumption is violated, the simple
correlation coefficient reflects not just the direct link between A and B, but also the indirect
pathways mediated through the control variable C.

For instance, suppose we want to measure the association between the number of hours a student
studies and the final exam score they receive. If we fail to control for the student's current grade in
the class (which represents baseline knowledge and motivation), the simple correlation will capture
the combined effect of direct study effort and pre-existing proficiency. By using partial correlation,
we are asking: after statistically adjusting the exam score for differences in current grade, and
adjusting study hours for differences in current grade, what is the remaining unique correlation
between the adjusted values?

The calculation of partial correlation involves regressing the two variables of interest (A and B) onto
the control variable (C) and then correlating the residuals from those regressions. The resulting
partial correlation coefficient, denoted rA,B.C, represents the association between the components
of A and B that remain unexplained by C. This process effectively neutralizes the confounding
influence, providing a more robust measure of the specific relationship under investigation.
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Setting Up the Data Example in Excel

To illustrate the calculation, we will use a hypothetical educational dataset. Our goal is to assess
the relationship between study effort and outcome, controlling for baseline ability. We have
collected data for 10 students, tracking three key variables:

Current Grade in a class (Variable C: The Control Variable)
Hours Spent Studying for the final exam (Variable A: Independent Variable)
Final Exam Score (Variable B: Dependent Variable)

Before commencing the analysis, ensure your data is organized clearly in adjacent columns in
Excel. Proper setup is crucial for referencing the ranges accurately in the subsequent correlation
calculations. The data structure should resemble the setup shown in the image below, where each
row represents a single student observation.

A B C D E F
1 Grade Hours Exam
2 82 4 88
3 88 3 85
4 75 6 76
5 74 5 70
6 93 4 92
7 97 5 94
8 83 8 89
9 90 7 85
10 90 4 90
11 80 6 93
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Our specific objective is to determine the partial correlation between Hours Studied (A) and Final
Exam Score (B), while controlling for the Current Grade (C). This complex analysis must be
executed systematically, beginning with the calculation of all possible simple correlation
coefficients derived from these three variables.

Step 1: Calculating All Pairwise Correlations

The first requirement for calculating the partial correlation coefficient is obtaining the three simple,

bivariate correlation coefficients that link every possible pair of variables. These coefficients serve
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as the fundamental inputs for the main partial correlation formula. We can use Excel's robust
CORREL function to quickly compute these values for the respective data ranges.

We must calculate the following three pairwise correlation coefficients:

rA,B: The simple correlation between Hours Studied (A) and Exam Score (B). This is the initial,
unadjusted relationship.

rA,C: The simple correlation between Hours Studied (A) and Current Grade (C). This quantifies the
link between the independent variable and the control variable.

rB,C: The simple correlation between Exam Score (B) and Current Grade (C). This quantifies the
link between the dependent variable and the control variable.

For example, to find rA,B, you would enter a formula like =CORREL( A2: A11, B2: B11), assuming
your data occupies cells A2 through A1l for hours and B2 through B11 for scores. Calculating
these three preliminary coefficients is an essential intermediate step, ensuring that the components
needed for the comprehensive formula are readily available. The results of these calculations are
displayed below, organized for clarity.

A B C D E F G H
1 Grade Hours Exam Formula Used
2 82 4 88 r(Hours, Exam) -0.0595 =CORREL(B2:B11, C2:C11)
3 88 3 85 r(Hours, Grade) -0.25716 =CORREL(B2:B11, A2:Al11)
4 75 6 76 r(Exam, Grade) 0.724872 =CORREL(C2:C11, A2:A11)
5 74 5 70
6 93 4 92
7 97 5 94
8 83 8 89
9 90 7 85
10 90 4 90
11 80 6 93
12
13
14
15
16
17
18
19

Analyzing these simple correlations is often insightful. A high value for rA,B coupled with high
values for rA,C and rB,C strongly suggests that the control variable C is acting as a significant
confounder. If this is the case, we anticipate that the final partial correlation (rA,B.C) will be notably
smaller than the initial simple correlation (rA,B), confirming the confounding effect of the current
grade.
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Step 2: Calculating the Partial Correlation Coefficient

Once the three simple correlation coefficients (rA,B, rA,C, and rB,C) are determined, we can
proceed to the central calculation: deriving the partial correlation coefficient (rA,B.C). This formula
is designed to algebraically isolate the unique shared variance between A and B, removing the
portion explained by C.

The formula to calculate the partial correlation between variable A and variable B while controlling
for variable C is mathematically defined as:

Partial correlation = (rA,B - rA,C*rB,C) / V((1-r2A,C)(1-r2B,C))

Implementing this complex mathematical structure in Excel requires meticulous attention to the
order of operations, especially the use of parentheses and the square root function (SQRT). The
numerator adjusts the correlation of interest by subtracting the covariance attributed to the control
variable. The denominator standardizes the numerator by dividing by the remaining unexplained
variability in both A and B after factoring out C.

The following screenshot demonstrates the correct implementation of this formula within an Excel
cell, referencing the calculated simple correlation values from the previous step. We are calculating
the partial correlation between Hours Studied and Exam Score, controlling for Current Grade.

A B C D E F G H | J
1 Grade Hours Exam Formula Used
2 82 4 88 r(Hours, Exam) -0.0595| =CORREL(B2:B11, C2:C11)
3 88 3 85 r(Hours, Grade) -0.25716| =CORREL(B2:B11, A2:A11)
4 75 6 76 r(Exam, Grade) 0.724872| =CORREL(C2:C11, A2:A11)
5 74 5 70
6 93 4 92 Partial r(Hours, Exam) 0.190626|:(FZ-F3*F4)/SQRT((1-F3"2)*(1-F4"2))‘
7 97 5 94 |
8 83 8 89
9 90 7 85
10 90 4 90
11 80 6 93
12
13
14
15

1c

The result of this calculation yields a partial correlation of 0.190626. This value indicates a weak,
positive relationship between hours studied and final exam score, once the effect of the student's
current grade has been statistically removed. The substantial drop from the simple correlation
value confirms that the current grade was a strong confounding variable in the initial, unadjusted
analysis. The final stage is determining if this remaining relationship is statistically robust.
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Step 3: Testing for Statistical Significance

A calculated partial correlation coefficient, such as 0.190626, must be subjected to a significance
test to determine if it reflects a genuine association in the population or is merely a product of
random sampling error. This involves converting the correlation coefficient into a t-distribution test
statistic.

The formula for the t-statistic used in partial correlation testing is:
t=rv/(n-3) / V(1-r2)

Here, 'r' is the partial correlation coefficient (0.190626) and 'n' is the sample size (10). Crucially, the
degrees of freedom (df) for this test must be adjusted to reflect the variables controlled. Since we
have one control variable (C), the total degrees of freedom is calculated as n - 3. This reduction
accounts for the loss of degrees of freedom associated with estimating the control variable's effect.

In our example, the total degrees of freedom is 10 - 3 = 7. Once the t-statistic is computed, we can

use the T. DI ST. 2T function in Excel to find the corresponding two-tailed p-value. This p-value
indicates the probability of observing our calculated partial correlation if the true correlation in the
population were zero (the null hypothesis).

A B C D E F G H J
1 Grade Hours Exam Formula Used
2 82 4 88 r(Hours, Exam) -0.0595 =CORREL(B2:B11, C2:C11)
3 88 3 85 r(Hours, Grade) -0.25716 =CORREL(B2:B11, A2:A11)
4 75 6 76 r(Exam, Grade) 0.724872 =CORREL(C2:C11, A2:A11)
5 74 5 70
6 93 4 92 Partial r(Hours, Exam) 0.190626 =(F2-F3*F4)/SQRT((1-F3/2)*(1-F442))
7 97 5 94
8 83 8 89 t 0.51377 =F6/SQRT(1-F6/2)*SQRT(COUNT(A2:A11)-3)
9 90 7 85 df 7 =COUNT(A2:A11)-3
10 90 4 90 p 0.623228 =T.DIST.2T(F8, F9)
11 80 6 93
12
13
14
15
16
17

a
©

The calculation yields a test statistic (t) of 0.51377. With 7 degrees of freedom, the corresponding
p-value is 0.623228. Since this p-value is considerably larger than the conventional significance
threshold of 0.05, we conclude that the partial correlation between hours studied and final exam
score is not statistically significant. This means that, after controlling for the student's existing
proficiency (current grade), there is insufficient evidence to claim a meaningful relationship
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between study hours and the final score based on this sample data.
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