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In the realm of data analysis, relying solely on simple linear models often proves insufficient when
exploring complex relationships between variables. When a dataset clearly exhibits a curved, non-
linear pattern, the application of Polynomial Curve Fitting becomes absolutely essential. This

robust statistical methodology allows analysts to derive the precise mathematical equation of a
curved line that accurately captures and models the intricate behavior observed in the empirical
data.

Within the Microsoft Excel environment, the primary function leveraged for executing this
sophisticated regression analysis is the LINEST() function. While its name suggests a focus on

linear estimation, the true versatility of LINEST() permits its adaptation for solving higher-degree
polynomial equations. This is achieved by strategically structuring the independent variable inputs
into a matrix format.

To successfully generate a polynomial fit--whether it is a quadratic (degree 2) or a more complex
cubic (degree 3)--we must utilize Excel's powerful array calculation capabilities. This approach is
necessary to return the array of coefficients that fully define the shape and position of the resulting
regression equation.

Introduction to Polynomial Curve Fitting in Excel

Polynomial regression is fundamentally a specialized extension of standard linear regression. It
operates on the principle that the relationship between the independent variable (X) and the
dependent variable (Y) is best described by an nth-degree polynomial function. This methodology
is particularly valuable when the underlying process driving the data is inherently non-linear, often
displaying characteristics such as exponential growth, deceleration, or clear cyclical tendencies.

A major limitation of the simple linear model is its inherent assumption of a constant rate of
change. If a scatter plot of your data visually confirms a distinct bend, curve, or S-shape,
attempting to fit a straight line will inevitably lead to high errors and poor predictive accuracy. By
introducing higher powers of the X variable (X2, X3, X?, etc.) into the statistical model, we gain the
ability to capture these complex curvatures, thereby significantly enhancing the quality of the fit.

The overarching objective of this entire process is to determine the curve that minimizes the sum of
the squared errors--that is, the total vertical distances between the actual observed data points and
the values predicted by the fitted curve. This fundamental optimization technique is universally
known as the method of Least squares.

Adapting the LINEST Function for Non-Linear Analysis

The LINEST function (Linear Estimate) is designed to compute the statistics necessary for the best

straight-line fit based on the least squares method. To effectively employ it for a polynomial, we
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must ingeniously structure the input data to "trick" the function into treating the various powers of X
(X1, X2, X3, etc.) as separate, distinct independent variables.

The specialized syntax required for a polynomial fit mandates the input of the known Y values,
followed by the known X values raised to the required powers. These powers must be specified
within curly braces {} to define them as a matrix array that Excel can process for the multiple

regression calculation.

For example, if the goal is to fit a polynomial curve with a degree of 3 (a cubic equation), you must
instruct the function to consider three separate columns derived from your raw X data: X raised to
the power of 1, X raised to the power of 2, and X raised to the power of 3. This array is concisely
represented using the following syntax:

=LINEST(known_ys, known_xs”{1, 2, 3})

The output of the function is an array comprising the numerical coefficients that define the
polynomial fit. These results are returned in a specific order: from the highest-degree coefficient
down to the constant term (the y-intercept). Because this is an array function, it must be entered
correctly across a predefined range of cells, typically confirmed using the array entry shortcut
CTRL + SHIFT + ENTER (though modern versions of Excel often handle this automatically with
just ENTER).

Step 1. Preparing Your Dataset for Polynomial Regression

The first critical step before attempting to apply the LINEST() function is the meticulous
organization of your raw data. Your dataset must be structured into two distinct columns: the
independent variable (X, the predictor) and the dependent variable (Y, the outcome). The success
and interpretability of the final regression model hinge entirely upon the quality and preparation of
this input data.

In our practical example, we will utilize a sample dataset where the dependent variable Y appears
to have a non-linear relationship with the independent variable X. It is essential to ensure that your
data is thoroughly cleaned and that any significant outliers--data points that could severely skew
the regression results--are carefully analyzed and appropriately managed or removed.

To proceed, set up the required data structure within your Excel sheet, ensuring that known X and
known Y values are clearly separated, as illustrated below:
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A B C D E F G H

1 x v

2 2 30
3 3 34
4 4 30
5 5 22
6 6 18
7 1 24
8 7 19
9 8 20
10 9 22
11 10 25
12 11 28
13 12 31
14 13 32
15 14 37
16 15 43
17

18

19

20

21

22

23

24

25

)
)

This clear and methodical arrangement of input (X) and output (Y) data establishes the robust
foundation upon which the sophisticated polynomial regression formula will be constructed and
executed.

Step 2: Implementing the LINEST Array Formula

With the dataset properly prepared, the next phase involves implementing the LINEST() function
as an array formula. Since we are aiming to fit a cubic polynomial, which has a degree of 3, the
resulting equation will require four distinct output values: three coefficients corresponding to X3, X2,
and X!, and one value for the constant intercept term.

Therefore, the first action is to select a contiguous horizontal range of four cells. This dedicated
range is vital because LINEST() is an array function specifically designed to spill its multiple results
(the coefficients) across the selected output cells simultaneously.

Next, input the formula, substituting your specific cell references for known_ys and known_xs. It is
crucial to correctly include the exponent array {1, 2, 3}. This array instructs Excel to internally
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generate and use the first, second, and third powers of the X variable for the complex matrix
algebra required in the regression calculation.

The visual representation below demonstrates the formula entry process, highlighting both the
selected output cells and the necessary array syntax used for the polynomial curve fitting:

A B C D E F G H
1 x y
2 2 30 |=LINEST(BZ:BlG, A2:A16M1,2,3})
3 3 34 T
4 4 30
5 5 22
6 6 18
7 1 24
8 7 19
9 8 20
10 9 22
11 10 25
12 11 28
13 12 31
14 13 32
15 14 37
16 15 43
17
18
19
20
21
22
23
24
25

Once the formula has been typed, confirm the entry using the required keystroke sequence: CTRL
+ SHIFT + ENTER (for older Excel versions) or simply ENTER (for Excel 365, 2019, and newer
versions). This confirmation step locks the formula as an array, triggering the execution of the
complex matrix operations needed to derive the optimal polynomial fit.

Step 3: Interpreting and Applying the Polynomial Coefficients

Upon the successful array entry, the four selected cells will instantly populate with an array of
numerical coefficients. These values are the weights assigned to each power of X, along with the
constant term, and collectively define the precise mathematical shape of the fitted curve.
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A key element of interpretation is understanding the specific order in which LINEST() presents
these results. For any nth-degree polynomial, the coefficients are always returned in reverse order
of the degree, followed finally by the intercept. For our degree 3 fit, the sequence is: Coefficient of
X3, Coefficient of X2, Coefficient of X%, and then the Constant (Y-Intercept).

A B C D E F G H
1 x v
2 2 30 0.021828 -0.22395 -0.60841 30.09158
3 3 34
4 4 30
5 5 22
6 6 18
7 1 24
8 7 19
9 8 20
10 9 22
11 10 25
12 11 28
13 12 31
14 13 32
15 14 37
16 15 43
17
18
19
20
21
22
23
24
25
26

By mapping these derived coefficients to their corresponding X powers, we can formally construct
the cubic equation that mathematically describes the relationship between the observed X and Y
variables:

y =.0218x3 - .2239x2 - .6084x + 30.0915

This newly derived equation now functions as a powerful predictive instrument. It allows us to
accurately estimate the expected value of Y for any specific value of X, even for X values that were
not included in the original training data. For example, to predict the value of Y when X equals 4,
we simply substitute X into the equation:

y =.0218(4)3 - .2239(4)2 - .6084(4) + 30.0915 = 25.47
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Practical Applications and Risks of Higher Degrees

While the capability to fit a very high-degree polynomial (e.g., degree 5 or 6) may appear
advantageous because it can capture every small fluctuation and "wiggle" in the existing training
data, analysts must exercise significant caution regarding a common statistical pitfall known as
overfitting. Overfitting occurs when the model becomes too complex, fitting not only the true
underlying signal but also the random noise and idiosyncrasies of the sample data. This results in
an equation that performs exceptionally well on old data but fails dramatically when tasked with
predicting new, unseen data points.

As a general rule of thumb, analysts prefer to use the lowest possible polynomial degree (typically
guadratic or cubic) that adequately explains the variation in the data, unless there is a strong
theoretical or physical justification for a higher-degree model. The ideal degree should be
determined through a combination of visual inspection of the scatter plot, statistical validation (such
as examining the R-squared value, which LINEST() can provide if extended to return full statistics),

and rigorous cross-validation against a held-out dataset.

Furthermore, when performing any form of polynomial curve fitting, it often becomes necessary to
normalize or scale the X data, particularly if the X values span a very large range. Using large
numbers for X can lead to astronomically large powers (X2, X3, etc.), which can quickly exceed
Excel's precision limits and introduce numerical instability or calculation errors. Scaling the data--
for instance, converting values to a 0-1 range--prior to calculation is a critical step for maintaining
computational integrity.

Summary of Key Steps for a Successful Polynomial Fit

Fitting a polynomial curve in Excel utilizing the robust LINEST() function is an indispensable skill
for advanced data analysis, particularly when conventional linear models prove inadequate.
Mastering the technique of structuring the known X inputs as a matrix of powers allows for the
successful execution of sophisticated non-linear regression entirely within the spreadsheet
environment.

To ensure the successful implementation of this advanced technique, keep the following essential
takeaways in mind:

Data Preparation: Organize known Y values and known X values accurately in separate,
contiguous columns.

Cell Selection: Before typing the formula, select the precise number of output cells required (the
Polynomial Degree + 1) to accommodate all coefficients and the constant term.
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Array Syntax: Utilize the exponent array syntax ~{1, 2, 3, ...} within the formula to correctly
specify the desired polynomial degree.

Array Entry: Confirm the formula entry as an array using CTRL + SHIFT + ENTER (if required by
your specific Excel version) to execute the matrix calculation.

This numerical method provides a highly precise and detailed approach for modeling complex data
relationships, offering significantly greater analytical power and control compared to relying on
basic trendlines generated by Excel charts.

Additional Resources
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